PYAAAAIO 6
ATANYIMATIKOI XQPOI (MM 2013-14)

No nopadwoete AupEveg Tig aoxnoelg 1, 4, 6, 7 xou and to BiBAio (BAéne oto TéNOG TOUL
PUAAxBioV) Tic aoxhoelg 9 xow 22 oesh. 225-226.

1. Stov Awvuopatind yoeo R, dewpodye toug unoydpoug:

Vi = {(x1,22,23,24) : ©1 + T2 = 22 + 23 = 23 + x4 = 0},

Vo =[(2,-2,2,-2), (1,2, 2, —4), (4,0,0, —8)],

Vs = {(x1,x9,x3,24) : 2 + 23 = 0}.
Na deiZete 6t ebvan Vi C Vo C Vi xou b1t undpyer Béon {x,y,z, w} tou R* tét010, dote {x} eivar Bdom tou V4,
{x,y} etvou Bdon tou Vo, {x,y,z} eivou Bdon tou V3.

2. Na eCetdoete av 1o cOvoha:
P={l,1+z,1+x+2% - 1+z+2>+ - +av}
Q={l+z,x2+2%22+23 - 2v 1 +2v}

elvor Bdoeig Tou 8.y P, twv mohuwyuixwy cuvapthoewy Paduod < v.

3. Alvetar 0 8.y. Fr TV TpayHaTIX®V GUVIRTHOEWY e Tedio opiopol 1o R.

i) No Seifete 611 o1 ouvapthoeic sin? o, cos* x avixouv otov undywpo [1, cos 2z, cos 4z].

ii) I omowadhnote k1, ko € R e ki # ka, |ki|+|k2| # 0, o1 ouvaptioeig efT ek giyay YEoUUX®OS avedptnTa
otovyeta Tou FR.

4. Xopoxtnplote xdle wia and TIC TAPUXATe TEOTACE we ANV 1 PEUBY BiXAOAOYDOVTAS TNV ATAVINGCT| CUG.
U = {(z,y) € R?: z <y} ebvor umdywpog tou R2,
ii) Av {a, 8,7} v Bdom tov R xou v € R3\ {0,0,0}, 167 %01 0 0Ovoro {v + a, 8,7} ebvau enione Bdon
Tou R3.
iii) Av {v1, v, ..., v} ebvor ypoppixoe eZoptnuéva dtaviopata tou R", t61e k < n.
iv) Av {v1,v9, ..., v5} eivan éva ohvoho yevwntdpwy tou R™, 16te k > n.
v) O vrdywpoc [(1,2,1),(2,2,1)] Tou R? eivan oo ue tov undyweo U = {(2x,2x + 2y, 2 +y) : =,y € R}.

5. Mot and 1o nopuxdte oOvoka eivar undyweot Tou R;
a) U={(z,y,z,w): z+y=2z+w}
b) V ={(z,y,z,w): z+y=1}
c) W= {(x,y,z,w) : z*+y?=0}
d) Z={(x+2y,0,2z —y,y) : z,y € R}

6. Eoto V d.y. téve oto copa K = R A C xou U CV, U # (). Iloec and Tic Topuxdtw TpoTdoel anotehody
orvég xan avayxaieg ouvifxeg, wote o obvoro U va elvan undywpog touv V
i) T xdle z,y € U xou yio xdde A € R, woyler: Az +y e U
ii) T xde =,y € U xou yo xdde A € R, woylew: Az + Ay € U
iii) T xdde ,y € U xou yia x&e A € R, woyder: Ax — Ay € U
7. 'Eotw V o undywpog tou R* nou mapdyetor and 10 ohvolo
A=1{(221,3),(7,5,5,5),(3,2,2,1),(2,1,2,1) }.
Avioz=(6+XN1+XN-14+X2+XN)} €V, vaBpeeite o A\. Tty 1w tou A mou Yo Beeite, to avtictolyo
T €YEL UOVADIXT YRUPH WS YROUUXOS auvduaouds twy otolyeiwy tou A; Na Beeite wa fdon tou V' xaw va tny
enexteivete oc pa Bdon tou RY.

8. Na Avdolv xat ot aoxfoeic: 9,12,17(5), 19, 22 0eh.225-226 tou Bihiov
‘TPAMMIKH AATEBPA ANAAYTIKH 'EQMETPIA KAI EPAPMOTI'EX!
‘Exdoor 4n twv N.Kadavdxr - X. Koapavdoiou.

ITapddoomn evdextind wéyer 10-2-2014 Y. Kapavdoiog



