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TRIPLO OLOKLHRWMA

1. Na upologisteÐ to olokl rwma
∫∫∫
G

xyzdxdydz, ìpou G eÐnai o orjìc

kÔlindroc me Ôyouc h kai b�sh ton dÐsko (x− 2)2 + (y − 2)2 ≤ 1.

2. Na upologisteÐ to olokl rwma

I =

∫∫∫
G

dxdydz =

∫ 1

0

(

∫ 2x

0

(

∫ x+y

x2+y2
dz)dy)dx

afoÔ pr¸ta prosdiorÐsete kai sqedi�sete to qwrÐo G.

3. Na upologisteÐ to olokl rwma
∫∫∫
G

xdxdydz, ìpou G to qwrÐo pou

perikleÐetai apì tic epif�neiec y = x2, y = x + 2, 4z = x2 + y2 kai
z = x+ 3.

4. Na upologÐsete me th bo jeia tou metasqhmatismoÔ se sfairikèc
suntetagmènec to olokl rwma

I =

∫∫∫
G

|xyz|√
x2 + y2 + z2

dxdydz,

ìpou G = {(x, y, z) ∈ Re3 : a2 ≤ x2 + y2 + z2 ≤ b2}. (Upìdeixh: Para-
threÐste th summetrÐa tou qwrÐou wc proc ta epÐpeda suntetagmènwn, to
gegonìc ìti h sun�rthsh eÐnai �rtia wc proc x, wc proc y kai wc proc
z, kai jewreÐste kat�llhlo qwrÐo gia na apallageÐte apì thn apìluth
tim )

5. Na upologÐsete to olokl rwma I =
∫∫∫
G

zdxdydz, ìpou to qwrÐo G

orÐzetai apì tic anis¸seic x2+y2 ≤ z2, x2+y2+z2 ≤ 1. Na sqoli�sete
to apotèlesma pou br kate ( tan anamenìmeno?).

6. Na upologisteÐ to olokl rwma∫∫∫
G

√
2− x2dxdydz,

ìpou to qwrÐo G fr�ssetai apì to paraboloeidèc z = 2x2 + y2, ton
kÔlindro z = 4− y2 kai ta epÐpeda x = 0, y = 0.

7. Na prosdioristeÐ h m�za tou stereoÔ pou fr�ssetai apì tic epi-
f�neiec x2 + y2 = 2y, z2 = x2 + y2 kai èqei sun�rthsh puknìthtac
ρ(x, y, z) = k

√
x2 + y2, ìpou k stajerìc arijmìc.
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